if the subgroup H is solvable, then G is solvable too.
1. Introduction. In this paper, the following theorem will be proved.
Theorem. Suppose that G is a finite group and tt(G) = \p, q ., . . . , q j is the set of all prime divisors of G. If the following holds, then G is p-solvable.
(a) There is a p -Hall subgroup H.
(b) There are subgroups P, Qy ... , Qr such that P £ Syl (G), Q{ £ The group X = PSL(2, 7) has subgroups A, B, C where A £Syl2(X), B £Syl3(X), C £Syly(X) such that AB, BC are subgroups of X. Of course X is not r-solvable for r = 2, 3 or 7.
Our notation follows Gorenstein [2]. We also let Syl (G) denote the set of Sylow ^-subgroups of G. All groups considered in this paper are of finite order.
2. Proof of the Theorem. For completeness, we state the known result.
Lemma 1 (Glauberman). Let G be a group with 0(G) 4 1 which is pconstrained and p-stable, p odd. If P £ Syl (G), then G = 0 , (G)NG(Z](P)).
In particular, if 0pl(G) = 1, then Z](P) < G. is a subgroup C . such that H = Q . C .. As 0q (H) C Q ., we have
Hence G has a nontrivial normal solvable subgroup and the proof of the Theorem can be completed by induction.
Lemma 3. P does not normalize any nontrivial p -subgroup.
Proof. Let Q be any p -subgroup which is normalized by P. Set R =
